
���������
	���������������
���������������� �"!$# %'&�(*),+.-0/214365'7 8�8:9<;<;<;+>=4?A@B-DCE3<F>;HGJIK;<L�IK9<;<;<;

M�N>OQPSRDTVU0W4XSYZPZ[]\^W4P]_a`cbd[SefXZg]_BPZ[]\�bd[ihSbdjlkmU<n�o�g]T�R�UHbqp
rts �du����Svxw
yz36{}|�~���36{}|�-D�}{}@H365a&�=��f�S36{}543�?��q-D{}��365�&����f�"36��?�CV36��36{�/21�543

Aij � 1 ≤ i < j ≤ 3 � ~4-0?�]��36{}@<5�{�?�74~4-D��{}|
i �q� 365�&�=��f�]~�{�3�@<��36{�/�143�+�=�@H365���-D1��'�*{�3�{}| j �q� 365�&�=��f��@H36�*���f��36� ��*{}��~�I

�V�x��36CV365�8�{�3z36{}54365c@H3�36{}@<543 � 365c&�-D1���?�/�1436{}5��}{�/21��H36{ � ?A�2-D=�|���=�� �a¡�~�36�}�}{�36�A=�5�@�~�{�3 �?23�?�¢�=���-D�}��?�3¤£�¥E36�A{}|�365 � ?�-D5'7�=�54~�CV3�? � {}|c|�365a8�{�3 P (Aij) � 1 ≤ i < j ≤ 3 � I�S�x¢V36{}@H365�8�{�3<7�~4-D�c~�{�3�� ��36{}@<5�{�?�?�3
{Aij | 1 ≤ i < j ≤ 3}

¥�-<-D�A�Z36{�?�3�? � ¡J/�1�-0? � {�?�/�1=�5�-DC�1�¦D5�@<{}@47V-DCV36�*5�{�/21 � @H36|�36{}54?2-D|§? � ¡J/�1�-0? � {�?�/�1 =�5�-DC�1�¦D5�@<{}@t?A{}54~�Irts �du����Sva¨
�]{}5��a-D5�5�CV3�?A{ � � � �"��5�������5���365'7�~4-�©H¡05�1�-DCE365����Z36{�-D=��JCE36{�~�365�8J36{ � 365�36{}54365�ªd«�¡0¥��f¬736{}543®1�- � -D=���CE36{�~�365�8J36{ � 365¯36{}543Zª°¢E-D1��±¬7D=�54~¯~�{�3®CV36{�~�365¯��3 � � � 365¯1�-DCV365.²A36�Z36{}��? 36{}54365ªd«>¡0¥��f¬�=�54~�36{}543�ª°¢E-D1��±¬�-D=�� {}1���365a8J36{ � 365'I�V�´³�36���a-D5�5µ��{�361 � |c{ � @H3�?�/�1���¡<?�?23654365¶+>=�@H365·36{}543:����5���3�=�54~·�*{}�f� � ?A{�3<Im��{ ��®36��/�1436�>&�-D1���?�/�1436{}5��}{�/21��H36{ � �}{�36@ � 36{}5�ªd«�¡0¥��f¬�¡0CV365�¸�S�´³�36�Q�´-D5�5 ¹DºV543 � ~�{�3�+�=�@H365�=�54~ ?�{�361 � 74~4-D��36{}5�ªd«>¡0¥��f¬�¡0CE365��}{�36@ � I4��{ � �Z36� �/21436� � CE3�~�{}5�@ � 365 � &�-D1���?�/�1436{}5��}{�/21��H36{ � �}{�36@ � 36{}5�ªd«�¡0¥��f¬�-D=���~�36�*=�5 � 36��365´8J36{ � 3~�36�Q����5���3�¸
» �´³�36���a-D5�5´?�/21��}{�36� � ~�{�3�+>=�@H365��*{�3�~�36��=�54~��*{}�f� � ~�{�3¼����5���3�54¡�/21�|�-D��?�IV&½{�3@<��¡0�:{�? � 5�=�5x~�{�3 � CE3�~�{}5�@ � 3 � &�-D1���?�/21436{}5��}{�/�1��H36{ � 7m~4-D��-D=��z~�36��=�5 � 36��365µ8J36{ � 336{}5:ªd«>¡0¥��f¬��}{�36@ � ¸#S�´�]�®¹DºE543 � ~�{�3.+>=�@H365t=�54~t?�{�361 � 7�~4-D�c36{}5�ªd«>¡0¥��f¬.¡0CV365:�}{�36@ � IJ&�{�3�@<��¡0�¯{�? � 5B=�5~�{�3 � CV3�~�{}5�@ � 3 � &�-D1���?�/�1436{}5��}{�/21��H36{ � 7*~4-D�µ-D=���~�36��=�5 � 36��365¾8J36{ � 3�36{}5lªd«>¡0¥��f¬�}{�36@ � ¸rts �du����Sv�¿
Àm�}=�@<@H3�?�36�}��?2/�1�-�� � 365�1�-DCE365´�"3�? � @H3�? � 36�}� � 7'~4-D� Ám-0?2?2-D@<{�36��3<7$~�{�3�36{}54365·À
�}=�@���3�?236�A©�{�36� �1�-DCE365'7'=�5�-DC�1�¦D5�@<{}@´©H¡05µ~�365¶-D54~�36��365¶Ám-0?2?2-D@<{�36��365·|c{ � &�-D1���?�/�1436{}5��}{�/21��H36{ � 1/105�{�/21 � -D|ÃÂZ143�/�� � {}5:36��?2/�1436{}54365'I�³�3�?A1�-D�}Ct©H36�A�0-D=�� � ��3�?�36�}��?�/�1�-�� � +^��361�5t(z{�/2�H3 � ?®�Ä���{}1���3S5436=�54?A{ � ��{}@H365¯À
�}=�@<��36=�@H3S=�54~���3�?236�}��?�/�1�-�� � yx9<;�(z{�/��H3 � ?$�Ä���
{}1���3]Àm�}=�@<��36=�@H3S|c{ �Å�Æ 8�{ � ��365'I�&x36��/�143¼��3�?�36�}��?�/�1�-�� � {�? � |c{ � 14¹01436��36��&�-D1���?�/21436{}5��}{�/�1��H36{ � ��CV36�AC�=4/21 � ¸rts �du����Sv�Ç
&�{}�z�Z36�f��365

n
����5���365'7�~�{�3�=�5�-DC�1�¦D5�@<{}@�|c{ � &�-D1���?2/�1436{}5��}{�/�1��H36{ � p

ªd«�¡0¥��f¬���36{}@H365'I
+>54?�/21��}{�36�H3654~��Z36�f��365��*{}��-D�}��3�����5���365'7�~�{�3�{}|È36��? � 365�&�=��f�mªd«�¡0¥��f¬�@H36��36{}@ � 1�-DCV36536{}5����Z36{ � 3�?��´-D�qI�yz3�? � {}|c|�365x8�{�3�~�{�3¼É]36� � 36{}�}=�5�@t~�36��+>5���-D1��
~�36������5���365'7V~�{�3�{}|���®36{ � 365�&�=��f�mªd«�¡0¥��f¬���36{}@H365'Irts �du����SvaÊ
�S?.?236{�365

X
=�54~

Y
? � ¡�/21�-0? � {�?�/�1´=�5�-DC�1�¦D5�@<{}@H3Ë¢�=��q-D�}��?A©<-D�A{Ì-DC���365´|c{ � X ∼ Exp(λ)=�54~

Y ∼ Exp(µ)
I4yz3�? � {}|c|�365a8�{�3�36{}543�³.{�/21 � 3�~�36�*É]36� � 36{}�}=�5�@Ë©H¡05 X + Y

I


